Abstract: With the current increased widespread interest in the development and applications of micro/nanosatellites, it was found that we needed to design a small high accuracy satellite attitude determination system, because the star trackers widely used in large satellites are large and heavy, and therefore not suitable for installation on micro/nanosatellites. A Sun sensor + magnetometer is proven to be a better alternative, but the conventional sun sensor has low accuracy, and cannot meet the requirements of the attitude determination systems of micro/nanosatellites, so the development of a small high accuracy sun sensor with high reliability is very significant. This paper presents a multi-aperture based sun sensor, which is composed of a micro-electro-mechanical system (MEMS) mask with 36 apertures and an active pixels sensor (APS) CMOS placed below the mask at a certain distance. A novel fast multi-point MEANSHIFT (FMMS) algorithm is proposed to improve the accuracy and reliability, the two key performance features, of an APS sun sensor. When the sunlight illuminates the sensor, a sun spot array image is formed on the APS detector. Then the sun angles can be derived by analyzing the aperture image location on the detector via the FMMS algorithm. With this system, the centroid accuracy of the sun image can reach 0.01 pixels, without increasing the weight and power consumption, even when some missing apertures and bad pixels appear on the detector due
From the above analysis we can find that multi-aperture sun sensors are superior to single-aperture sun sensors as far as the accuracy, reliability, and the requirements of the image sensor are concerned, so multi-aperture sun sensors must be the future direction of the technology.
Modeling of the Sun Sensor [5]
A multi-aperture sun sensor is commonly composed of a piece of mask and a CCD or APS (Active pixel sensor) CMOS detector below at a distance of about several millimeters. The sun spot is formed at the detector through the aperture, as shown in Figure 1 (a). In the Figure 1(a) , c m and c n denote the coordinates of the sun spot in the sun sensor body coordinates, l denotes the distance between the sun spot and hole sight point, h denotes the distance between the mask and the focal plane, θ denotes the incidence angle and α, β denote the sunray horizontal and azimuth orientation in the sun sensor body coordinates, respectively. For a given distance h, the greater the number of apertures the higher the accuracy. However, the assembly and alignment errors will significantly impact the system accuracy when the location accuracy is of 1/100 pixels, about 0.005°. Generally, the sub-pixel accuracy of a single sun spot is at the level of 0.05-0.1 pixels, to obtain the whole sun spot location centroid accuracy of 1/100 pixels, the number of apertures should be more than 25 (1/100 = 0.05/251/2), so the aperture pattern is designed as a 6 × 6 array in this paper, as shown in Figure 2 .
Assuming the sun angles are α,β respectively and the sun spot centroid is m c ,n c their relationship can be expressed by Equation (1) . In fact, the Equation becomes much more complicated because of the refraction which occurs when a sun ray goes through different media sequentially (vacuum-mask glass-vacuum-detector protecting glass-air) before it arrives at the detector, as shown in Figure 3 . From Figure 3 we can conclude that the greater h the higher accuracy, however, the h must ensure that the image of sunlight in the field of view (FOV) is still within the photosensitive surface of the detector. So according to the effective detection area of the Star1000 and the sun sensor FOV design h, from the Figure 3 , we can find h = h 2 + h 3 + h 4 ; for the specific Star1000 h 3 and h 4 is fixed, when the image of sunlight in the FOV is within the photosensitive surface of the detector, the greater h 2 the higher accuracy. When the incident angle is large, h 3 and h 4 introduce nonlinear factors which may affect the sun sensor accuracy. 
Where n glass , n vacuum , n air denote the light refractive index in the detector protecting glass, vacuum and air, respectively, and l is the displacement of the sun spot centroid in the case of normal incidence.
Substitution of θ 3 and θ 4 from Equations (5) and (6) into Equation (4) yields:
Since h 2 ,h 3 ,h 4 ,n glass , n air are all constants, l is a function of the incidence angle θ. Conversely, θ could be expressed as:
Combining Equations (1-3) and (8) yields: 
Equations (7-9) illustrate the process to calculate the sun angles (α, β) from the sun spot centroid location (m c , n c ) in the sun sensor body coordinates.
APS CMOS Detector Characteristics [6,15]
The STAR1000 is a CMOS image sensor with 1,024 by 1,024 pixels on a 15 mm pitch. It features on-chip Fixed Pattern Noise (FPN) correction, a programmable gain amplifier, and a 10-bit Analog-to-Digital Converter (ADC). All circuits are designed using the radiation tolerant design rules for CMOS image sensors, to allow high tolerance against to total dose effects, for more details about this one can refer to [5] . It is different from the CCD read out mechanism, for the APS based image sensors, in that registers that are directly accessed by the external controller contain the X-and Y-addresses of the pixels to be read. This architecture provides flexible operation and allows different operation modes such as (multiple) windowing, subsampling, and so on. Compared with the CCD detector, APS CMOS is more suitable as a detector for a sun sensor.
MEANSHIFT-Based High-Precision Positioning and Tracking Algorithm
The traditional spot positioning method is the correlation algorithm [5] , but this approach has two shortcomings: (1) positioning accuracy is not high, and typically only 0.03° accuracy is achieved (2) . It cannot track the movement of the sun spot. If the sun spot location changes with the satellite attitude, the correlation algorithm cannot track the movement of the sun spot and needs to renew the location of the sun spot, which is very complicated and time consuming. In this paper we employ FMMS which not only offers high positioning accuracy but also can be adaptive to track the location of spot movement.
The Spot Features Description and Similarity Function
In this paper we locate the coordinates of the centroid by identifying the spot, so we need to define the feature of the spot before identification. {x i } i = 1…n is a region of the normalized data points set (which could be viewed as pixels) with 0 as the center. An isotropic, convex profile with a monotonically decreasing kernel function k(x) weighted for all points, farther away from the center, the smaller the weight.
According to the MEANSHIFT [7] algorithm, calculating the spot features is divided into the following three steps:
1. Characterization of the pixel value ( Figure 4 ). Defined function
is the quantified number of the pixels value in the quantitative feature space:
2. Select kernel function ( Figures 5 and 6 ).There are many kinds of kernel function mentioned in [7] , such as Epanechnikove kernel:
normal kernel:
In this paper we employed the Epanechnikove kernel. For the definition of the kernel function one can refer to [7] , as no details are provided here.
3. Using the kernel function weighted all the quantified pixel, Calculated the spot feature vector as follows: , then
For a simulated sun spot such as Figure 7 . The quantified spot template is shown as Figure 5 . The kernel function weight distribution is shown as Figure 6 and a 3-dimensional map of the kernel function is shown as Figure 7 . The feature vector is: Using the same kernel profile, the radius h, features u = 1…m probability of occurrence in the candidate target model is:
If C h is a normalization factor, making
, then:
The term h determines the scale of the candidate target. u q ) and )
is the description of the feature of the goal and the candidate. Using the Bhattacharyya coefficient:
we describe the degree of similarity between the feature of the goal and the candidate; the greater the coefficient, the more similarity between the goal and the candidate. The distance between them is defined as follows:
The Sun Spot Pointing and Tracking
With a description of the goal and the candidate target, and the criteria which can gauge their similarity degree, pointing and tracking the spot becomes a problem of searching for a new spot location in the current frame which made it possible that the function with y as independent variables could obtain the minimum distance. Searching begins from the previous location of a spot, and looking around in the neighborhood. Minimizing Equation (15) 
In general, this assumption for the adjacent two frames is reasonable.
Combining Equation (13) with (16) yields:
in which:
In this way, minimizing d(y) becomes to maximize the second half of Equation (17), which denotes the kernel density estimation calculated by using k(x) at the y 1 in current frame, so that we can use the MEANSHIFT procedure to find the great density estimation value (mode) in the neighborhood. In this process, the kernel shift from the current location y to the new location y 1 : of the first spot in current frame, and Bhattacharyya coefficient: 
Over-Relax Technology Based Multi-Point Fast MEAN Shift Algorithm
For a single spot using MEANSHIFT algorithm positioning usually reaches sub-pixel accuracy, and in order to achieve high-precision positioning we need to use spot arrays. For each spot in the array we can get a pair of sun incident angles α i , β i , then the final sun incident angle is: in which n is the number of the aperture.
As the MEANSHIFT computing process is complex, a multiple point MEANSHIFT procedure requires a lot of time, so in order to improve the real-time system, we need to study the fast MEANSHIFT algorithm. In this paper we use the over-relaxing method [8] to adjust the step size, and acceleration can be achieved. The over-relaxed bound optimization iteration is:
In which T step is the MEANSHIFT vector. Apparently when the learning rate β = 1, over-relaxed optimization reduces to the standard MEANSHIFT algorithm. It is easily seen that when β > 1 acceleration is realized. However by simply assigning a fixed value to β, no convergence is secured and it seems quite difficult to get the optimal value for β. Xu et al. [9] proves that in the case of the Gaussian Mixture Model (GMM) parameter estimation, convergence can be guaranteed using this method when we are close to a local maximum and 0 < β < 2.This conclusion is generalized to the case of general bound optimization methods in [10, 11] . Based on this important proposition, a simple adaptive over-relaxed bound optimization is readily available: the learning rate can be adjusted by evaluating the cost function. When the cost function becomes worse for some β > 1, then β has been set too large and needs to be reduced. By simply setting β = 1 immediately, convergence can be achieved. In this paper by regarding MEANSHIFT as a special case of bound optimization we presented the accelerated MEANSHIFT algorithm obtained in this way:
Set the iteration index k = 1, and the step parameter α > 1. 
The Test and Experiment

The Lab Test Equipment for an APS Sun Sensor
The equipment used to test and calibrate the sun sensor consists of a sun simulator which can send a bundle of sunlight, a two-axis gimbals rotary table and a theodolite goniometer. The sun simulator has an angular diameter of 32 arcmin and a brightness of 0.1 sun constant. The sun sensor was fixed on the two-axis rotary table. The theodolite goniometer guarantees that the axis of sun sensor is collinear with the sun simulator's. Arbitrary sun incidence angles can be established by rotating the table. The lab test system is shown in Figure 8 . The diagram of an APS sun sensor is shown in Figure 9 . The sun spot templates extracted from the sun image when the sun incident angles are both equal to 0. This work is carried out on the lab test equipment. The sun spots array image and a typical single sun spot template are shown in Figure 10(a,b) . For each sun spot, we can get a template with 5 × 5 pixels. 
Random Noise [12]
The sun sensor was placed on the two-axis turntable for about 1,000 seconds. A single aperture in the mask was chosen from the image with coordinates (x,y). The x and y values of the centroid is a function of time. The standard deviation on the x coordinate is 0.02 pixels and the standard deviation on the y coordinate is 0.02 pixels. Assuming a stable sun bundle, the coordinates of this aperture are supposed to be constant. The actual distance between the mask and detector is 4,000 µm, the size of APS CMOS pixel is 15 μm × 15 μm. One pixel therefore has an angle equivalent to arctan(15/4,000) = 0.21°.The random noise on a single aperture is then 0.02 × 0.21° = 0.0042° in each axis. This random noise is for a single aperture. Assuming that the measurements are independent, and the mask consists of 6 × 6 = 36 apertures, then the accuracy will be improved by sqrt (36) = six times. A noise estimate for this kind of sun sensor is then 0.0042° /6 = 0.0007°.
Experimental Parameter Setting
The choice of kernel function for the experimental results has a significant impact; this paper uses the following kernel function profile:
where z denotes effective distance which is decided by the size of the sun spot. The term x actually represents the distance between the effective pixels and the center spot. If z is set too large or too small it will affect the pointing and tracking performance. If z is set too large it increases the computation and affect the system's real-time; when z is set too small, making the effective pointing and tracking of the region smaller, not only is operational efficiency reduced, but it is difficult to ensure positioning accuracy. In this paper z is set at 6.
The election of the gray value of the pixel as a feature in general gray images; in this paper the gray value will be classified as follows ( Figure 11 According to the general considerations, the number of holes was designed to be 36 in this paper which is explained in Section 2, so that the the point accuracy of the sun spot array image location could reach a 0.01 ~ 0.02 pixel level.
Calibration and Analysis
Calibration
First of all, the sun sensor was fixed on the two-axis turntable, ensuring that the optical axis of the sun sensor was parallel with the sun simulator's, controlling the turntable rotation around the x axis in steps of 1° from −64°to +64°, while keeping the y axis unrotated, then the turntable angle and the sun sensor angle can be recorded: In space, some sun spots may be missing due to space debris, mask pollution or detector aging, etc. The multi-aperture sun sensor based on the FMMS algorithm has the advantage of maintaining a high accuracy even if some sunspots are missing. As the distance between the spots is relatively fixed, it can predict the location of holes in a certain effective area. When a similarity coefficient is less than a certain threshold in MEANSHIFT algorithm iteration process, the hole blocking. This method not only has high accuracy and the computation load is small, but it also does not affect system real-time performance.
A typical sun spot array image with five spots missing is shown in Figure 14 . An experiment is carried out to compare the accuracy deterioration under the conditions that one-five sun spots are missing relative to that of no sunspot missed. The experimental data are shown in Figure 15 . From Figure 15 , we concluded that the average accuracy error is no more than 0.003 pixels, which has almost no impact on the system accuracy. This immunity from missing sun spots significantly improves the adaptability for a harsh space environment, and this immunity cannot be achieved by a conventional single-aperture sun sensor. The conventional single-aperture sun sensor cannot distinguish between the sun spot and noise or bad pixels, while a multi-aperture sun sensor can overcome this drawback and extend the lifetime, since both the FMMS algorithms extract and identify the sun image based on the apertures array pattern, and the immunity to the partial sun spots missing or deterioration keeps the sun sensor away from a fatal fault. Figure 16 shows a simulated deteriorated image. 
Conclusions and Future Work
In this paper, based on multi-aperture, APS detector flexible imaging and read out characters and a novel fast multi-point MEANSHIFT (FMMS) algorithm are proposed to improve the accuracy and reliability, the two key performance features of an APS sun sensor. The experimental results show that based on FMMS algorithm the multi-aperture the APS sun sensor presents many advantages compared with the traditional single-aperture sun sensor, particularly in high accuracy and reliability. With this system, the centroid accuracy of the sun image can reach to 0.01 pixels, even when some missing apertures and bad pixels appear on the detector because of aging of the devices and a harsh space environment, while the pointing accuracy of the single-aperture sun sensor using the conventional correlation algorithm is only 0.05 pixels.
When the sun incidence angle is greater than 45°, the sun spot is larger, the shape becomes elliptical, and sun sensor accuracy declined. In the next phase of our work we will study the reasons for this phenomenon and to find solutions to improve accuracy under wide sun angle conditions.
